CORRECTIONS TO CANONICAL EXPRESSIONS IN BOOLEAN ALGEBRA
ARCHIE BLAKE

Two errors have appeared in my dissertation." First, in the symbolic stat. -
ment of Theorem (14.1), “r;«A’” should be “r;«V.” Second, as J. C. C.
MecKinsey points out in his review,” Theorem (10.8) is not correct. The error
in the proof enters in the last application of Theorem (10.7), for which the
hypothesis p**'cz would be needed. The construction given at the bottom of
page 35 is valid, however.

To state the correct theorem to replace Theorem (10.8), adopt the notation
syl.(p) for any one of the mutually congruent polynomials resulting from the
adjunction to p of all o-terms informally included in p which are obtainable by
eliminating ¢ from pairs of terms of p. Then:

THEOREM. p™'e1 .). (syl,(p))*™'er.

Denote syl.,(p) by p: ; evidently p,*'ez. Supposing the conclusion false,
consider any two terms m; and ms of p, such that (m; + me)™"' and ¢ ™,
al ®* ™. Then my<a!, m<c, and no letter other than ¢, or ¢,' enters with
opposite signs in m; and m,. If m; and ms are both terms of p, then by hy-
pothesis o(m;+me)Kp<Kp;. Next let one of m; and my—say m;—be one of
the new terms adjoined in forming p;, so that J(my;-my)**™ ? 5. my e’ -
mp ¢z, and all co-letter factors of my; and my, except c¢; and ¢! are factors
of m, .

Suppose m, Not both of ¢; and ¢,' are factors of my—say ¢, ** ™,
maLc,. Now mp<€e' since my<c,t; also no letter other than ¢; or ¢! enters
with opposite signs in m;, and m. , because such a letter would then enter with
opposite signs in m; and m,. Then by Theorem (10.7), Ams**™ * 5. mz<c; -
meLe) - mptm C ms , whence mz<c;, and every co-letter factor of m;
except (possibly) ' is a factor of o(m;+mz). If &' is a factor of m, , it is also
a factor of o(my+my), so that o(m+my)<<p<Kp:. But if ¢! ~* ™ then by
Theorem (10.7), Im'*™ ? 5. myLe; - myLer! - my+me T my, whence ms<cs'.
Also no letter other than ¢, or ¢,' enters with opposite signs in m; and my, so
that by Theorem (10.7), Ims'™ ™ 3. ms<c, - ms<Lcal - mg+ms T ms, whence
every co-letter factor of ms is a factor of o(m;4ms), and o(m;+me)<<p; .

Suppose now that my "*™7. Then 3 (ma - mw)*™ * 3. muy<Lcy - mauLes,
and all co-letter factors of mg; and ma, except c; and ¢! are factors of me . Since
mu{cl", ma<€c; , and no letter other than ¢; or ¢,' enters with opposite signs
in my; and my , it follows by Theorem (10.7) that Ime'™ ” 3. me<cr- msLay' -
mu+my T me, whence me<c;'. Similarly Im,**™ ? 5. myde; - make -
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Mu+me C my - my<Lcz. No letter except c; or ¢! enters with opposite signs in
mg and my , because such a letter must then enter in one of my; and my; with sign
opposite to its sign in m;z or ma , and must therefore either enter with both signs
in m, or ma, or enter with opposite signs in m, and m; ; the latter is possible only
for ¢, or ¢,!, neither of which is a factor of mg or m;. Then by Theorem (10.7),
Ime* ™ 1 5. mgdcy - mgLcy' - mg+my C ms. Then every co-letter factor of
mg is a factor of o(mi+ms) so that o(m;+me)<p; .
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